
© 2023 JETIR August 2023, Volume 10, Issue 8                                            www.jetir.org(ISSN-2349-5162) 

 

JETIR2308620 Journal of Emerging Technologies and Innovative Research (JETIR) www.jetir.org g191 
 

 

The Advantageous Facet of Friedmann–Lemaître–

Robertson–Walker metric (FLRW) in Relativistic 

Cosmology 

Author: 

Pallavi Saikia 

Former Assistant Professor, 

Department of Mathematics, 

Kokrajhar Government College, Assam, 

 

Abstract:  

Spacetime is interpreted in physics, the utmost promising branch of science, as a mathematical model that 

associates the three dimensions of space and one dimension of time which is also playing the role as an important 

co-ordinate to illustrate the cosmological aspects, into a single four-dimensional diverse portfolio. Spacetime 

diagrams can be cast-off to envisage relativistic significances. The conceptions regarding existence of space-

time are quite suppositional and is not conceivable to perceive whereas only the individual quanta of matter and 

energy that exist within the specified spacetime can be engrained. The appearance of objects at cosmological 

distances is affected by the curvature of spacetime through which light travels on its way to Earth. The most 

complete description of the geometrical properties of the Universe is provided by Einstein’s general theory of 

relativity. In General Relativity, the fundamental quantity is the metric which describes the geometry of 

spacetime.  

Keywords: cosmology, relativity, metric, geometry, Earth. 

 

1. Introduction: 

 

Introducing the very world-shattering Friedmann Robertson Walker Cosmological Model: 

 

The purported abbreviation FLRW which deploys for Friedmann–Lemaître–Robertson–Walker metric is a 

metric grounded on the exact resolution of the Einstein’s field equations which are reinforced on  principle of 

general relativity. This very metric demonstrates a homogeneous standardised, isotropic, intensifying or on the 

contrary, shrinking cosmos which is path-connected but not unavoidably simply-connected. The general 

arrangement of the metric, trails from the geometrical properties of homogeneousness and symmetry, Einstein's 

field equations are the sole aspirations to derive the scale factor of the observable cosmos as a function of time. 
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As the mathematical interpretation of a Metric is bestowed upon on distance function, there are three diverse 

categories of distances are prevalent for illustration: 

 Hamming remoteness estimates the detachment between any two binary vectors which is also 

enumerated as binary strings or briefly bitstrings. 

 Euclidean distance processes the distance between two real-valued vectors. 

 Minkowski distance evaluates the distance between two real-valued vectors. 

 

1.1 Very Common but Wide-ranging Models of the Cosmos: 

 

There are two general models for modelling our observable universe used by the resilient group of space 

researchers. Heliocentric and Geocentric are two two most prevalent explanations depicting widely of the 

predetermination structure of the cosmos which includes the solar system. 

2. A Concise Glimpse of the General Metric: 

The FLRW metric bestowed upon with the supposition of homogeneousness and symmetry of space. It also 

adopts that the spatial component of the metric can be analyzed as a time-dependable entity of time. The 

standard metric which convenes these conditions can be summarized in a single equation structure as   

−c2d𝛕𝟐 = −𝐜𝟐𝐝𝐭2 + a(t)2d𝚺2 

 

where the symbol capital 𝜮  denotes total addition or summing up, ranging  over a 3-dimensional space of 

uniform curvature that indicates elliptical space, Euclidean space, or hyperbolic space. It is typically written as 

a function of three spatial coordinates, however there are numerous settlements for doing so.  

 

3. Appraisal of the Related Literature relating to FLRW Metric: 

The prominent set of the four scientists viz., Alexander Friedmann, Georges Lemaître, Howard P. Robertson 

and Arthur Geoffrey Walker – are variously grouped as Friedmann, Friedmann–Robertson–Walker (FRW), 

Robertson–Walker (RW), or Friedmann–Lemaître (FL), this clustering were performed on the basis of 

dependence on topographical or antique predilections. This model is sporadically termed the Standard Model 

of modern cosmology, even though such an explanation is also accompanying by the additional developed 

Lambda-CDM model. The FLRW model was developed independently by the designated authors during the 

1920s and 1930s. 

It was Alexander Friedmann who was a Soviet mathematician, initially derived the fundamental results 

of the FLRW model in two years viz., 1922 and 1924. Although the most significant physics journal Zeitschrift 

für Physik of that time published his work, it remained comparatively disregarded by the space researchers of 

his same age bracket. Friedmann was putting all his efforts in performing space research and was also in straight 

communication with the world’s  greatest physicist Albert Einstein, who in the best interests of Zeitschrift für 

Physik, appear on behalf of the scientific adjudicator of Friedmann's work. Ultimately Einstein accredited the 

accuracy of Friedmann's computations, failed to escalate the substantial significance of Friedmann's predictions.  

After the death of Friedmann in the year 1925, in the alternate subsequent year 1927, a Belgian priest, 

astronomer and at the same instance periodic professor of physics at the Catholic University of Leuven, Georges 
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Lemaître attained self-sufficiently at outcomes analogous to those of Friedmann and published them in tangible 

print form in the Annales de la Société Scientifique de Bruxelles (Annals of the Scientific Society of Brussels. 

In the appearance of the experimental substantiation for the enlargement of the cosmos attained by Edwin 

Hubble in the late 1920’s, consequences determined by Lemaître's were perceived in precise by Arthur 

Eddington, and during the period 1930–31, Lemaître's paper was decoded into English and printed in the 

Monthly Notices of the Royal Astronomical Society as an emergent innovations in Astrophysics and Space 

Science.  

A person named Howard P. Robertson from the United States and Arthur Geoffrey Walker from the 

UK, discovered the delinquent additionally during the 1930’s. In 1935 Robertson and Walker meticulously 

demonstrated with mathematical proof that the FLRW metric is the only one on a spacetime that is spatially 

homogeneous and isotropic which  is a geometric consequence and is not tangled unambiguously to the 

comparations of general relativity that were permanently presumed by the two astrophysicists viz., Friedmann 

and Lemaître.  

This resolution, habitually entitled the Robertson–Walker metric since they evidenced its nonspecific 

possessions, diverse from the dynamical Friedmann–Lemaître replicas which are specific solutions for a(t) 

which take up that the only aids to stress–energy are cold matter i.e., dust, radiation and a supplementary 

cosmological constant.  

The Friedmann–Lemaître–Robertson–Walker models are class of models in cosmology. These are 

explanations to Einstein's equations unfolding a spatially homogeneous and isotropic intensifying or on the 

contrary constricting spacetime. Hence these are resolutions rummage-sale as architypes in relativistic 

cosmology. 

 

4. Introducing Robertson-Walker Metric Geodesic:  

 

The Robertson-Walker metric elasticities mathematical countenance to three extensively-apprehended 

expectations about the nature of the noticeable cosmos. It is perceived that the null-geodesic of this metric has 

diminutive-acknowledged resolutions for the rapidity and detachment of a light-signal comparative to its basis. 

 

5. Existing standing Celestial Scenario: 

The present existing standard model of cosmology, the Lambda-CDM model practices the FLRW metric. By 

compounding the inspection statistics from some experimentations such as WMAP and Planck with theoretical 

outcomes of Ehlers–Geren–Sachs theorem and its generalization, astrophysicists now come to an agreement 

that the premature cosmos is almost homogeneous and isotropic when be an average of over a very large scale 

and accordingly approximately a FLRW spacetime. It is customary to broadcast the investigatory fact that 

efforts to approve the purely kinematic understanding of the Cosmic Microwave Background (CMB) dipole 

through edifications of radio galaxies and quasars, confirms the dissimilarity in the magnitude. Considered at 

face value, these annotations are at likelihoods with the cosmos being designated by the FLRW metric. 

Additionally, a space scientist  can advocate that there is a thoroughgoing value to the Hubble constant ranging 

in the interior an FLRW cosmology endured by up-to-date explanations and depending on how local fortitudes 

congregate which  might indicate to a collapse of the FLRW metric in the much-lamented cosmos, challenging 

a mathematical clarification outside the so-established FLRW metric. 
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6. The Most Imperative Equation in The Universe 

The first Friedmann equation describes how, based on what is in the universe, its expansion rate will change 

over time. If you want to know where the Universe came from and where it's headed, all you need to measure 

is how it is expanding today and what is in it. The story of Friedmann, his equation, and what it teaches us about 

our Universe is a story that every science enthusiast should know. 

It is the year 1915 when Albert Einstein, the world’s greatest physicist of all the times, put forth his 

speculation of General Relativity, a revolutionary theory shocking the world relieving the existence of 

gravitation, which is correlated to the bending of spacetime which constructed upon gravitation in one arrow 

and to the presence of interstellar substance and energy in the cosmos on the supplementary arrow. Since John 

Wheeler put it many years later, spacetime tells matter how to move; matter tells spacetime how to curve. 

Einstein's theory, in one fell swoop, reproduced all the previous successes of Newton's gravity, explained the 

intricacies of Mercury's orbit (which Newton's theory couldn't), and made a new prediction for the bending of 

starlight, which was spectacularly confirmed during the total solar eclipse of 1919. The only problem? In order 

to prevent the Universe from collapsing in on itself, Einstein needed to add a cosmological constant — an ad 

hoc fix for the fact that static spacetimes were unstable in General Relativity — to his theory. It was ugly, it 

was finely-tuned, and it had no other motivation. 

Alexander Friedmann was just at the age of 33, the minute as he set to inscribe the very fascinating 

Friedmann equations and its relevant prophecies regarding the observable or noticeable cosmos. 

In the year 1922, simply three years later to the eclipse endorsement, Friedmann uncovered a 

sophisticated technique to protect the cosmos while synchronously fixing away with the cosmological constant: 

stated that one should not take up that it is stationary. As a substitute, Friedmann contended and undertake that 

it is as one space researcher perceive it, full of interstellar substance and radiation, consenting to be curled. He 

insisted on further assuming that it is unevenly isotropic and consistent or homogeneous in al aspects, which 

mathematically predicts that same in all directions and the same at all locations or co-ordinates. If a space 

researcher brands these assumptions, eventually two equations accessibly emanant: the Friedmann equations. 

They tell us that the cosmos is not static, rather it is either expanding exponentially or shrinks reliant on the 

enlargement proportion and the stuffings of the observable cosmos. All the above, these very facts illustrate 

about the embedded techniques based on which the cosmos progresses with time, indiscriminately far-flung 

into the future or earlier times. 

 

Figure 1 
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4 (Four) Different Structures of the Cosmos Depicting four diverse corresponding geometries, viz.,  

 The first geometry: Closed, decelerating cosmos 

 The second geometry: Flat, decelerating cosmos 

 The third geometry: Open, decelerating cosmos and 

 The fourth geometry: Flat, accelerating cosmos 

The extreme remarkable prediction shattered the arena of astrophysics when space scientist Friedmann socialize 

this fact in front of space scientists, in later time revealed that the observable cosmos was experiencing 

intensifying, before this Hubble even exposed that there were evidences against existence of galaxies exterior 

to the Milky Way in the cosmos. It would not be established until in the subsequent year, Hubble recognized 

the Cepheid inconstant stars in Andromeda, edifying us its distance and inserting it far external of our galaxy. 

Additionally, it will not be till the much-lamented 1920’s that Georges Lemaître and far ahead 

individualistically, Hubble, put the redshift-and-distance statistics collected to conclude that the Universe was 

expanding.  

Until today’s modern epoch, Hubble’s scientific inheritance is unquestionable and became unfluctuating 

supplementarily more as soon as we come to comprehend cosmology at a greater scale. The first Friedmann 

equation is the most significant of the two, since it's the most contented and uncomplicated to attach to the 

observations made by the astrophysicist from time to time. On one wing, a space scientist can experience the 

equivalent of the expansion rate i.e., squared or more conversationally acknowledged as the Hubble constant 

which is not accurately considered as a constant, since it can change as the Universe expands or contracts in 

due course of time. It communicates the philosophy explaining how the fabric of the Universe expands or 

contracts as a function of time. Thus, we can have the following equation as  

 

The above equation is the first Friedmann equation which is unadventurously inscribed these days, whenever 

expressed with its modern denotations, the left-hand side of the very equation consists of a term which is twice 

the Hubble parameter (constant) H. 

There is the curvature intrinsic to space itself, contingent on whether the cosmos is closed i.e., positively 

curved, open i.e., negatively curved or the third option is flat i.e., uncurved or simply a geometry with zero 

curvature. There is also the appearance of the term capital Λ, generally recognized as a cosmological constant, 

for which two possibilities arises such as it can either be in the form of energy or can be an intrinsic possession 

of space, whichever adoptable technique, there is the comparation that relates how the cosmos experienced 

exponential expansions, quantitatively to what makes up the matter and energy within it.  

The first Friedmann Equation meets up the following pre-requisites in making investigations across the 

universe. 

First of all, one has to investigate about the present entities or constituents of the observable cosmos and 

enumerate the rate of extension of the cosmos till this present time scale and how fast it is experiencing 

expansion now-a day’s presently and a space researcher can infer extrapolation forwardly or backwardly by 

random expanses to have a reconnaissance about the present ground-work scenario of the cosmos. A space 

researcher at this instance can become capable of knowing how the cosmos was intensifying in the detached 

past epoch or immediately after the Big Bang phenomenon. Right positively, the space scientist will know 

whether it will re crumple or not, whether the enlargement frequency will asymptote to zero or endure to be 

positive forever. 
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In addition to conceivably and the  most enormously, a space scientist can supplement inadequacies 

above this even circumstantial evidence. The density defectiveness, a space scientist put the cosmos into large-

scale structures that progresses and configures, what will sprout into a galaxy/cluster and what not and will get 

convert gravitationally destined versus what will be motivated at a distant. 

All of these can be consequential from one single equation: the very implicative first Friedmann equation. 

There is a huge group of scientific indication that sustenance the depiction of the escalating cosmos. 

Astrophysicist Friedmann was the first to derive the General Relativity resolutions that portrays a picture 

of our cosmos: an inflation-oriented cosmos occupied with cosmological or interstellar substance. Even though 

it was self-reliantly derived, later, by three others — Georges Lemaître, Howard Robertson, and Arthur 

Walker — Friedmann copiously comprehended its insinuations and appliances, even-steven grew up with the 

first resolutions for strikingly curled interstellar spaces. He was a persuasive educator at the same instinct whose 

most eminent scholar was George Gamow, who far ahead verve on to pertain Friedmann's exertion to the 

escalating cosmos to generate the Big Bang Theory of intergalactic beginning. 

Approximately a century next to his most well-known effort, Friedmann's equations have been prolonged to a 

cosmos encompassing an inflationary source, dark matter, neutrinos and dark energy. Yet these interstellar 

entities or constituents are still impeccably effective, with no additions or modifications mandatory to account 

for these marvellous developments. While we can all claim about the comparative advantages of Einstein, 

Newton, Maxwell, Feynman, Boltzmann, Hawking and several others, when it originates to the escalating 

cosmos, Friedmann's first equation is the only one that researchers of today’s epoch necessitate. It attaches the 

matter and energy that is existing to the expansion rate in today’s modern epoch as well as in the past and in the 

future, consents us to identify the providence and times past of the observable cosmos from extents we usually 

make today. As far as the drapery of our cosmos is apprehensive, this interrogation receipts the pinnacle as the 

sole of greatest significance. 

 

7. Inferences Drawn: 

 

Mysterious delinquent in Physics: 

A series of interrogations creep into the minds of the astrophysicists regarding the perturbed scenarios 

concerning interstellar or celestial phenomenon “is the universe homogeneous and isotropic at large enough 

scales, as claimed by the cosmological principle and assumed by all models that use the Friedmann–Lemaître–

Robertson–Walker metric, including the current version of ΛCDM or is the universe inhomogeneous or 

anisotropic? Is the CMB dipole purely kinematic or does it signal a possible breakdown of the FLRW metric? 

Even if the cosmological principle is correct, is the Friedmann–Lemaître–Robertson–Walker metric valid in the 

late universe”?  
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